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Abstract: Although much research has taken place in WiFi indoor localization systems, their accuracy
can still be improved. When designing this kind of system, fingerprint-based methods are a common
choice. The problem with fingerprint-based methods comes with the need of site surveying the
environment, which is effort consuming. In this work, we propose an approach, based on support
vector regression, to estimate the received signal strength at non-site-surveyed positions of the
environment. Experiments, performed in a real environment, show that the proposed method could
be used to improve the resolution of fingerprint-based indoor WiFi localization systems without
increasing the site survey effort.

Keywords: WiFi indoor localization; fingerprinting; continuous space estimation; machine learning;
location-based services

1. Introduction

Location-Based Services (LBSs) can be defined as the services that integrate a mobile device’s
location or position with other information to provide added value to the user. As part of its annual
Mobile Life study of 2012 [1], TNS found that 19% of the world’s six billion mobile users were already
using LBSs, with 62% of the non-LBS users aspiring to do so in the future. They have also found
that navigation was the most popular motivation behind LBSs (46%). However, besides the classic
navigation, the use of LBSs allows for applications in very different areas: social networking [2],
healthcare [3,4], guidance in museums or public buildings [5], security [6], intelligent transportation
systems [7], logistics [8], etc.

Traditionally, global localization has been carried out through the Global Positioning System
(GPS) [9], which provides accurate localization when working outdoors. This way, GPS has become
the main technology for positioning in outdoor environments. Encouraged by the accuracy of the GPS
outdoors and due to the fact that almost every new smartphone and tablet has built-in GPS receivers,
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most of the currently-existing LBSs are oriented to outdoor environments. However, in indoor
environments, LBSs are of equal interest in a wide range of personal and commercial applications.

All of these applications require accurate indoor localization for the strategic planning of the
navigation or to provide guidance to the final target. Unfortunately, the use of GPS is affected by
non-line-of-sight (satellite signals are attenuated and scattered by roofs, walls and other objects),
making GPS localization in indoor environments not suitable. As a consequence, providing indoor
localization requires the use of other technologies.

Different technologies are being used to provide indoor localization: infrared [10], ultrasound [11],
laser [12], computer vision [13], radio frequency [14-16], the Global System for Mobile Communications
(GSM) [17] or Li-Fi [18].

The decision about using one of these technologies is mainly determined by the accuracy required
by the final application and the cost of the system deployment. The required accuracy for indoor LBSs
is usually in the order of meters [19].

Some of the previously-named technologies, such as ultrasound or laser, may accomplish the
accuracy requirements, but they require the use of additional hardware. Some others, such as
ultra-wide band [20] or Radio Frequency Identification (RFID) [21,22], require the installation of
artificial marks in the environment, increasing the cost of the system and forcing a specific deployment
on every target environment.

If the goal is to provide a generic location service available on any device (smartphones, tablets,
laptops, etc.) and in any environment, an already available technology in both the devices and the
environments should be used. With this requirement in mind, a major group of indoor positioning
systems utilizes radio frequency signals emitted by common wireless communication networks.
Among all of the technologies, WiFi is arising as the most popular one. This is probably due to the
advantages of using WiFi for indoor localization: WiFi Access Points (APs) are deployed in almost
every building, and measuring the WiFi signal is free of charge even for private networks. This fact
allows one to install a localization system based on WiFi without doing any modifications in the
environment. Moreover, almost every device is already equipped with a WiFi interface, and no special
requirements are needed to perform the localization. This way, almost every device can benefit from
indoor LBSs using WiFi.

Among all indoor WiFi localization systems, fingerprint-based ones are some of the most popular
ones. This kind of system uses a fingerprint database stored during a training stage to obtain the
estimated position of the device by means of different classification algorithms [14,15,23]. The
fingerprint database stores information, typically the Received Signal Strength (RSS), at certain
locations of the environment, modeling the characteristics of the signal. The main disadvantage
using this kind of system is the necessity of site survey for the fingerprint database construction,
especially if the required resolution is high (which means more cells to site survey).

To reduce this problem, in this paper, we propose an approach to increase the resolution of
fingerprint-based methods without the need for increasing the number of positions where fingerprints
are collected and, as a consequence, the time required to build the database. This approach uses
a Support Vector Regression (SVR) algorithm that estimates the RSS from the different APs at the
coordinates of the environment that have not been site surveyed. Using these estimations, a fingerprint
database composed of surfaces is created and used during the localization stage.

This paper is an extended version of the work published in the Proceedings of the International
Conference on Indoor Positioning and Indoor Navigation [24]. We extend our previous work by
improving the proposed method, including a new noise margin to reduce the localization error.
In addition, deeper experimentation is provided, including a thorough analysis and validation of the
method. We have also studied the map resolution and the number of topological positions required to
train the system.

The remainder of the paper is organized as follows: First, Section 2 will provide a revision
of the most significant research on WiFi indoor localization. Section 3 will describe the proposal.
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Then, the experimental results will be exposed in Section 4. Finally, a critical discussion about the
results and the related future work will be provided in Section 5.

2. Related Work

Indoor localization has been one of the most active fields of research for the last decade. However,
as was mentioned in the Introduction, WiFi indoor localization is still an open problem. At present,
there are some available indoor localization systems based on WiFi. One of the most famous ones is
the Google localization service, which combines GPS, WiFi and GSM with indoor Google Maps [25] to
provide positioning in buildings, but its accuracy is not enough to provide an indoor guidance service
yet. Other systems, such as the Ekahau positioning engine [4], rely on specially-designed hardware.
These kinds of purpose-built systems can be expensive and hard to implement on a world-wide
scale. As a consequence, a software-based algorithm should be used with the objective of providing a
universal WiFi localization system.

Given the diversity of WiFi localization methods published in the literature, different classifications
of them are possible [26]. Even though classification of some of the methods is not evident and there is
a certain degree of overlapping between groups, they can be classified in terms of the algorithms that
are used to solve the localization problem. Using this criterion, the studies can be separated into the
following categories:

e Deterministic:

-  Propagation model based: Localization is carried out estimating the distance to nearby
APs by means of a WiFi signal propagation model [27-32]. Propagation models describe
how the signal is propagated in the environment, and they are used to translate the RSS
into a distance. The APs’ location in the environment is normally known a priori. Using
the distance to the APs and their positions in the environment, the typical choice is to use
lateration algorithms to perform the localization.

—  Fingerprint based: These systems use a fingerprint database stored in a training stage
to obtain the estimated position of the device by means of different classification
algorithms [14-16,33]. The fingerprint database stores information, typically the RSS,
at certain locations of the environment, modeling the characteristics of the signal using
either discrete (fingerprints) or continuous (surfaces) representations.

e  Probabilistic: These methods keep track of the position of the device maintaining a probability
distribution over the positions or coordinates of the environment [34-37].

On the one hand, propagation model-based systems are the most precise ones if the propagation
model is well adjusted for the environment. Unfortunately, this is hard to achieve indoors, being the
main reason for the low acceptance of this kind of system for WiFi indoor localization. Theoretically,
one propagation model could be used for localization in different environments; this is true when
working outdoors, but indoors, it is usually necessary to do some site survey to adjust the model,
loosing their main advantage.

On the other hand, fingerprint-based methods are valid only for the environment where they were
trained, but with the necessary training stage, they can be used in environments of any characteristics.

The main disadvantage using this kind of system is the necessity of site surveying for the
fingerprint database construction, especially if the required resolution is high (which means more cells
to site survey). However, some systems are recently arising to reduce the site survey effort. Some of
them focus on the automation of the site survey task [38—41], while other systems try to reduce the
site survey effort by estimating the expected RSS at non-site-surveyed positions. Among the second
group of methods, two approaches are starting to be used: interpolation using regression methods,
such as Gaussian Process (GP) regression [42,43], or the creation of virtual fingerprints through the
use of propagation models [44,45]. The use of propagation models to estimate the expected RSS
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at non-site-surveyed positions comes with some problems: it is necessary to adjust them for every
environment in order to obtain good RSS estimations and to know the exact position of the APs, which
sometimes, as is our case, is not possible to know.

To the best of our knowledge, our approach is the first to use support vector machines to
interpolate the expected RSS at non-site-surveyed positions, reducing the effort of constructing
a fingerprint-based WiFi localization system and providing a way of reducing the site survey effort
without the need for adjusting propagation models or the need to know the location of the APs.

3. Continuous Space Estimator

This section presents a description of the Continuous Space Estimator (CSE) proposed to increase
fingerprint-based methods’ resolution without increasing the site survey effort. The main objective is to
infer the RSS from the existing APs in positions of the environment where no training data are available.
To do so, the system will create RSS reference surfaces for each AP using an SVR algorithm [46] to
estimate the missing data. Then, during the localization stage, the measured RSS from each AP will be
searched in the corresponding surface. This way, the coordinate where the device is located will be
estimated as the one found in the higher number of surfaces. A block diagram of the entire system is
shown in Figure 1. This block diagram will be thoroughly explained in the next subsections.

AP1 APn

(@) gpi ()

. (@)
Training stage \ Localization stage

Discrete
train
data |

~ COORDINATE

Figure 1. General architecture of the system.

3.1. Training Stage

The goal is to obtain a reference surface for each AP containing the RSS expected at each coordinate
of the environment by using an SVR algorithm. For each AP, the available training data will be assigned
to the corresponding coordinate, and then, the missing RSSs will be inferred using SVR. The training
stage consists of the following steps:

e  Creation of an RSS map for each AP using discrete information:

First, the environment is site-surveyed as in the usual fingerprint-based method: RSS is measured
at some positions of the environment and stored in the fingerprint database FP (Equation (1)).

RSSap,(P1) RSSap,(P1) ... RSSap,(Pr)

RSSap,(P2) RSSap,(P2) ... RSSap,(P2)

FP = 1)

RSSap,(Py) RSSap,(Py) ... RSSap,(Pp)
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Y coordinate

where RSS 4p, (Py) is the RSS from AP; at Position 1, n is the number of APs and p is the number
of site-surveyed positions.

Then, n matrices RSS4p, (one per AP) are created using the information contained in the
fingerprint database (Equation (2)).

Y1 Y2 Ypa
X1 RSS(x1,y1) RSS(x1,y2) ... RSS(x1,yp,)
X2 RSS(XZ, 1) RSS(XQ, 2) e RSS(XZ, )
RSSap, = = = > e
xp, \ RSS(xp,,y1) RSS(xp,y2) ... RSS(xp,,yp,)

where RSS(xq,y1) is the RSS from AP; at coordinate (x1,y;) if the coordinate (x1,y1) was
site-surveyed and unknown otherwise. In the case the coordinate (x1, ;) was site-surveyed, but
no signal was received from AP;, the RSS(x1,y1) value is set to a minimum value (—110 dBm in
our experimentation). This way, the important information obtained when an AP is not detected
at a certain coordinate can be used to correctly estimate the RSS at non-site-surveyed coordinates.
p1 is the number of coordinates represented in the x axis, and p; is the number of coordinates
represented in the y axis. The number of coordinates p; and py will be selected depending on the
chosen resolution for the localization system. An analysis of the effect of changing the system
resolution will be exposed in Section 4.3.3.

An example of this matrix is represented in Figure 2a, where the colored dots represent the
RSS at the site-surveyed coordinates, and the white background covers the coordinates with
unknown RSS.
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Figure 2. Discrete information and continuous reference surface estimated for an AP. (a) Discrete
information matrix; (b) estimated RSS reference surface.

Estimation of the continuous reference surfaces:

The continuous reference surfaces are created using the information contained in the discrete
matrices defined in the previous step. To do so, an e-SVR algorithm [46] is used to infer the RSS
values for the coordinates with unknown values.

This process is performed in a two-step approach:

First, e-SVR is used to create a function fsp (v) (Equation (3)) for each AP;, with, i =1,...,n,
that is able to estimate the target outputs for the input training data v with at most e deviation.
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For a given training dataset v = vap, = {(v1,21), ..., (vp,2p)} for each AP, the function for
linear SVR is defined as:

fap(v) = (w,v) +b 3)

where b is the “bias” term, w is the normal vector to the SVR hyperplane (optimized by
Equation (5)), v; is a feature vector (the coordinate (x,y) of position Pj) and z; is the target
output (the RSS from AP; at position Pj) with, j=1,...,p.

Then, the RSS expected to be measured in the coordinates with unknown values are estimated
using this function. The resulting continuous surfaces can be seen as maps of estimated coverage
for each AP.

Under the selection of the parameters € > 0 and C > 0 (C is the regularization parameter,
determining the trade-off between training error and model complexity), the function is
obtained by:
o] .
mlmm%*e 5 Hw||2 +C Z(Cj + é‘]*)
: =

7Y bjr G

IN

subjectto  z; — (w,v) —b < e+¢; 4)
(w,0) +b—2z; < e+

&, ¢ =0

dealing with the so-called e-insensitive loss function |¢|. described by:

0 if|z— (o) <e
= 5

€le { |z—f(v)| —€e  otherwise. ©)
This optimization problem is computationally simpler to solve when transformed into its Lagrange
dual formulation (called the dual problem). The dual formula is obtained introducing the a; and
a; multipliers by:

N 14 ¢ i p L .
minimize L(a) = 5 Yo (wj— af ) (ax — o) (vj, vk) +€ Y (a+ aj) — Zz]-(ocj — ;)
j=1k=1 j=1 j=1
P
subjectto ) (a; —aj) =0 (6)
j=1
0 S 0(]‘ S C
0< oc;-k <C

The w parameter can be described as a linear combination of the training observations using
the equation:

4
w=) (a;—ai)z @)
=1

The function fp,(v) for the dual problem is therefore:

7=
—~
=
0
I
QR
—.%
~—
—~
N
.
<
N
~
_|_
[yl

fap,(v) = 8)

=
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The bias term can be computed by using the Karush-Kuhn-Tucker (KKT) [47,48] conditions.
These conditions state that the product between dual variables and constraints has to disappear at
the optimal solution, obtaining the following conditions:

aj(€+¢j—zj+ (w,v;) +b) =0
af(e+¢F+ z b)=0
(e +8 +2— (w,0) —b) = o
(C )5] = 0
(C—a)E =0
According to these conditions, b can be computed as follows:
b=zj—(w,v)—e fora; €(0,C) (10)

=zj— (w,v]-> +€ fora’ € (0,C)

Finally, the dual formula is extended to support nonlinear functions by replacing the dot product
(v, ') with a nonlinear kernel function k(v,v’) = (®(v), ®(v')), where ®(v) is used to transform
v to a high-dimensional space. This way, the original problem comes to:

PP P |4
minimize L(a % Y Y (aj— ) (ax —ap)k(v, o) + € ) (aj+af) — ) zi(af —w))
j=1k=1 j=1 j=1
|4
subjectto ) (aj —af) =0 11)
j=1
0< aj < C
0< zxj <C

and the function for the nonlinear SVR used to estimate the output values is as follows:

p
fap,(v Z k(vj,v) +b (12)

In this work, we have used the Radial Basis Function kernel (RBF kernel), which is defined as:

_ ol 2
k(v,7") = exp <_Hv2;2)”> (13)

where ||o — o'||? is the squared Euclidean distance between the two feature vectors and ¢ is a
configuration parameter.

Figure 2b shows the reference surface created using the e-SVR algorithm trained with the AP
discrete information depicted in Figure 2a. In this new surface, each coordinate contains the RSS
expected to be measured from that coordinate.

3.2. Localization Stage

In this stage, the objective is to identify the coordinate where the device has the highest probability
to be. The location of the device will be obtained looking for the RSS from all APs in the continuous
reference surfaces created during the training stage. The localization stage comprises six steps, as
shown in Figure 1:

e  Measurement of the RSS:
An RSS sample is collected from every AP using the WiFi device to be located.
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e Search for the RSSs in the continuous surfaces:

The RSS from each AP is searched in the reference surface corresponding to that AP. This search
is performed adding a noise margin to the RSS to deal with the noise characteristic of WiFi
technology. An analysis of how this margin has been selected will be exposed in Section 4.3.1.
The coordinates where the RSS is exactly the same as the RSS sample will obtain the maximum
score, then the score will decrease as the RSS differs from the RSS sample until the difference
between both values is higher than the margin. The rest of coordinates will get no score. This way,
a new localization subsurface for each AP is created containing the scores for the coordinates that
can be the location of the device (represented from light blue to red depending on their score in
Figure 3). Figure 3 shows the subsurface obtained for the estimated reference surface shown in
Figure 2b and an RSS of —97 dBm.

0
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Y coordinate
o
S
o
°
&
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1000

1200 L L L L L |
0 200 400 600 800 1000 1200

X coordinate

Figure 3. Localization subsurface for an AP: possible coordinates having a certain RSS collected at

an unknown coordinate.

e Addition of the localization subsurfaces:

The localization subsurfaces generated for each AP are now summed to obtain a new surface
with higher values in the coordinates with higher probabilities of being the location of the device.
An example of the results surface can be seen in Figure 4. In this surface, the red coordinates are
more likely to be the location of the device.
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Figure 4. Resulting surface: sum of all of the APs’ localization subsurfaces for a test sample collected at

an unknown coordinate.
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e Application of an environment mask:

The surface generated in the previous step can contain inaccessible areas outside the building.
In addition, in certain applications, only certain areas of the environment are reachable for
users. For instance, a museum visitor cannot access the storage rooms. To remove these
unreachable areas, a mask is applied to the surface obtaining a new surface where only the
reachable coordinates have a score (Figure 5a).

e Estimation of the device location:

Finally, the location of the device will be estimated as the coordinate with the highest score in the
resulting masked surface (Figure 5b).
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Figure 5. Resulting surface applying a mask of the environment to allow only reachable coordinates.
(a) Masked surface to the reduce allowed locations; (b) location of the device.
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4. Experimental Analysis

This section describes the experimental results reported using the continuous space estimator
described in the previous section. A critical discussion of the results is provided.

4.1. Experimental Setup

The proposed WiFi localization system has been tested in a complex real-world environment with
a surface of 3000 m2. The experiments have been performed on the third floor of west wing of the
Polytechnic School at the University of Alcalda (UAH) (Figure 6). In this building, mainly made of
concrete, the signal measurement is highly affected by the multipath effect [49] (reflection, refraction,
shadowing and scattering, which causes a deviation from the original transmission to the device).
In the experiments, 105 APs, deployed over the environment with the aim of providing Internet access
to the students, but disregarding localization purposes, have been detected. Measurements collected
at 30 significant topological positions have been considered to train the system (circled numbers in
Figure 6). At each position, 30 fingerprints have been collected and averaged. As a consequence, one
fingerprint per topological position has been used as training data. The continuous reference surfaces
have been created using the averaged RSS at the 30 topological positions for all of the existing APs.
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I

Figure 6. University of Alcald (UAH) test-bed environment (30 topological positions).

The tests have been carried out using two different approaches: first, using data collected standing
at each topological position. In this approach, 30 fingerprints have been collected at each topological
position and each of them have been used without averaging as test data. Second, data collected
while a person holding a laptop was following different trajectories over the environment are used.
Both kinds of data were collected on a different day and time than the training data, using the internal
wireless interface of a laptop acquiring at its maximum allowed rate (one sample per second).

The ground truth for the trajectories has been manually tagged: when the person carrying
the device steps over a position existing on the training dataset, the sample is marked with the
corresponding number of the position. With the assumption that a person walks at a constant speed
of 1 m/s, each trajectory will be composed of samples measured one meter apart from each other.
This means that most of the samples are measured in positions not covered in the training data and, as a
consequence, with unknown coordinates. To tag these samples, we assumed that the user performing
the test moves at a constant speed when moving from one known position to the next one. This way,
the coordinates of the untagged samples are calculated by dividing uniformly the trajectory between
two positions in a number of sections equal to the number of untagged samples (Figure 7).

I

200,192 200,487

[-[2]2]?]?]2]53].]

!

% [... [200]200]200200]200[200] ... |
Y ‘ ‘192‘251‘310‘369‘428‘487‘ ‘

Figure 7. Ground truth generation.
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This ground truth is used to calculate the mean distance error of the trajectory tests. The distance
error is computed as the distance between the estimated coordinate and the target coordinate in
the ground truth.

Finally, the results obtained using the proposed method will be compared with three of the most
common methods used for indoor WiFi localization: RADAR [14], which uses K-Nearest Neighbors
(KNN) [50] and is commonly used as the baseline to compare with new indoor WiFi localization
methods [34,51]; Support Vector Machine (SVM) [52], which is based on the same principles as SVR,
but for classification purposes; and finally, the method proposed by [53], which uses Random Forest
(RF) [54] and is recognized by its high accuracy. These methods were implemented using the KNN,
SVM and RF algorithm versions provided by the data mining tool Weka [55,56].

4.2. Experimental Results

This section describes the results of the experiments locating a WiFi device at the discrete positions
used to create the reference surfaces and in motion.
4.2.1. Topological Positions

The results shown in this section were obtained using the test data collected at the topological
positions defined in Section 4.1.

Table 1 summarizes the results obtained with the proposed method (CSE) compared with the
results obtained using the RF [53], SVM and RADAR [14] algorithms.

Table 1. Experimental results: test using the topological positions dataset. CSE, Continuous
Space Estimator.

Mean Error

CSE RF[53] SVM RADAR[14]

Topological positions 1.53m 0.83m 1.53m 1.56 m

The localization error is not improved using the CSE method in comparison with the RF, SVM
and RADAR methods when locating the device at the positions covered in the radio map. This makes
sense, since RF, SVM and RADAR are trained to only distinguish between the topological positions,
while CSE is trained to be able to locate the device at all of the accessible coordinates. Even in this case,
the mean error of the proposed method is equal to the mean error of SVM and better than the RADAR
algorithm, the CSE mean error being 0.70 cm worse than the mean error using the RF-based algorithm.
However, if the CSE resulting coordinate is replaced by the coordinate of the closest topological
position, the mean error using the CSE algorithm is reduced to 0.98 m. Using this approximation,
the mean error can be compared when all of the algorithms are able to only distinguish between the
topological positions (topological CSE is, in this case, 36% better than the SVM algorithm and 18%
worse than RF).

To fully understand the results, Figure 8 shows a comparison of the Cumulative Distribution
Function (CDF) using CSE, RF, SVM and RADAR. The CDF shows an analysis of the distance to the
ground truth coordinate for the different classifiers. As can be seen, the error is lower using CSE
(except for the samples when RF, SVM or RADAR locate the device as the correct position, where the
error is zero). The error is under 2 m for the 86th percentile using the CSE algorithm, under 2 m for the
83th percentile using the RF-based algorithm and under 2 m for the 65th percentile for the SVM and
RADAR methods.



Sensors 2017, 17, 147 12 of 23

100

e
D

90
80
70

60

L
Q 50
o
40 -
30 -
20 | —*%— CSE | 4
—&— SVM
10k —E—KNN |
—&—FRF
0 . . . . | . |
0 2 4 6 8 10 12 14 16

Error (meters)

Figure 8. CDF using the topological positions dataset.

4.2.2. Trajectories

The results shown in this section were obtained during two different illustrative trajectories
(Figure 9) covering all of the positions in the UAH environment to test the behavior of the system
using the continuous space estimator.

Groundtruth
Groundtruth between positions
Starting position

Final position

@ Groundtruth
4 between positions
@ Starting position

@ Final position

I g

Figure 9. Trajectories used to test the proposed CSE method. (a) Trajectory 1; (b) Trajectory 2.

On the first trajectory, a user was walking along the main, second and fourth corridors in a path
of approximately 120 m at a mean speed of 0.73 m/s. Figure 9a shows the trajectory followed during
the first experiment. This trajectory starts at the position marked with a blue circle and continues along
the green and yellow dot path to the final position marked with a red circle. Green circles indicate the
site-surveyed positions, while the yellow dots are locations where there are available measurements
not corresponding to a position in the fingerprint database. On the second trajectory, the user was
walking along the main, first and third corridors in a path of approximately 100 m at a mean speed of
0.73 m/s. This trajectory followed the opposite direction to the previous one along the main corridor;
this way, all of the positions are covered at least twice with different orientations. Figure 9b shows the
second trajectory with the same format as in Figure 9a.

Table 2 summarizes the results obtained with the different classifiers using the trajectories dataset.
As can be seen, the mean distance error is highly reduced using the proposed CSE.
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Table 2. Experimental results: test using the trajectory datasets.

Mean Error

CSE RF[53] SVM RADAR [14]

Trajectory1 1.52m 4.04m 4.08m 414 m

Trajectory2 1.76m 547m 535m 557 m

The best results when locating a device in motion are obtained using the proposed method. In this
case, the mean error is reduced around 62% for the first trajectory and around 67% for the second
trajectory compared to the second best algorithm (RF and SVM respectively). This way, the objective
of the CSE is accomplished: the resolution is increased without increasing the effort building the
fingerprint database.

Figure 10 shows the CDF for Trajectories 1 (Figure 10a) and 2 (Figure 10b). As can be seen looking
at the CDFs, the error is lower using CSE most of the time (again, except for the samples when RF,
SVM or RADAR locates the device as the correct position, where the error is zero). For Trajectory
1, the error is reduced from 3.85 to 2 m for the 75th percentile and from 7.25 to 3.5 m for the 90th
percentile. The same way, for Trajectory 2, the error is reduced from 6.8 to 3.32 m for the 75th percentile
and from 12.35 to 5.92 m for the 90th percentile.
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Figure 10. CDF using the trajectories dataset. (a) Trajectory 1; (b) Trajectory 2.

4.3. Parameters and Resolution Evaluation

This section goes in depth with the analysis performed to evaluate the validity of the proposed
method, including the effect of changing the noise margin to create the localization subsurfaces,
the resolution of the positions used as training data and the resolution of the reference surfaces.

4.3.1. Noise Margin Evaluation

This section describes the effect of changing the noise margin applied while creating the
localization subsurfaces as explained in Section 3.2. The noise margin has been initially set at 10 dB,
since it is the signal variation caused by the so-called temporal variations [57], which are the RSS
variations due to WiFi noise and non-controllable changes in the physical environment. However,
the effect of changing this parameter is analyzed in order to check if this value is the correct choice.

Figure 11 shows the mean error obtained using margin errors from 1 dB to 30 dB compared with
the algorithm providing the lowest mean error (among RF, SVM and RADAR). As can be seen, mean
error decreases as the noise margin is increased until a margin around 10 dB is reached, then from 11
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to 30 dB, the mean error remains almost constant. Looking at the trajectories results, it can be seen that
for any margin above 5 dB, the CSE algorithm provides lower errors than the rest of the algorithms.
From this analysis, it can be stated that a margin error of 10 dB or above is sufficient to provide the
best results.

—%— CSE Topological
---% - RF Topological
—©— CSE Trajectory 1
~+-©@--- RF Trajectory 1
&=— CSE Trajectory 2
— B — SVM Trajectory 2

Mean error (m)

0 5 10 15 20 25 30
Margin (dBm)

Figure 11. Mean error evolution changing the noise margin used to create the localization subsurfaces.

Finally, Figure 12 shows examples of the localization subsurfaces obtained using different margin
errors, namely 1, 5, 10 and 15 dB. As can be seen, as the margin is increased, the areas with higher
scores (orange-red ones) are reduced, obtaining one high-scored area for margins above 10 dB and,
as a consequence, reducing the uncertainty for the device position.
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Figure 12. Localization subsurfaces created using different noise margins. (a) Margin 1; (b) Margin 5;
(c) Margin 10; (d) Margin 15.
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4.3.2. Training Resolution

This section describes the results of the experiments performed changing the number and location
of the topological positions used as training data. The objective is to assess the effectiveness of the
proposed system when the number of positions with available information to train the system is
reduced. This analysis is performed using two different approaches: On the one hand, the system is
trained using manually selected configurations composed of uniformly-distributed positions. On the
other hand, the system is trained using randomly-selected configurations.

Figure 13 shows the different manually-selected configurations used to train the system.
These configurations have been chosen by selecting the topological positions located at the beginning,
center and end of the corridors for Configurations 1 and 2 (Figure 13a,b). Then, Configuration 3
(Figure 13c) has been created removing some positions from Configuration 1 and Configuration 4
(Figure 13d) removing some positions from Configuration 2.

A 3

=

L]
2

!

Figure 13. Manually selected configurations for training resolution experimentation. (a) Configuration
1: 18 positions; (b) Configuration 2: 12 positions; (c) Configuration 3: 10 positions; (d) Configuration 4:
eight positions.
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Table 3 shows the number of positions, minimum distance and mean distance between two
positions for the different configurations. The datasets used to test the different configurations are the
ones used in the previous experiments (as explained in Section 4.1).

Table 3. Training resolution configurations.

All Positions Config. 1 Config.2 Config.3 Config. 4

Number of positions 30 18 12 10 8

Minimum distance

" 223 m 5.50 m 6.80 m 8.00 m 14.53 m
between positions

Mean distance

i 26.58 m 2746m  29.63m  2975m  31.35m
between positions

Table 4 summarizes the results obtained when training the system using the data available in
the different configurations for the trajectories’ test dataset. As can be seen, CSE provides the best
results for all of the configurations used to train the system. Even more, no matter the configuration
selected to train the CSE, it provides lower mean errors than the best configuration for the rest of
the algorithms: For Trajectory 1, in the worst case, if the system is trained using the eight-position
configuration, CSE provides a mean error of 4.02 m, which is still better than the lowest error using
one of the other algorithms (RF) with the 30-position configuration (getting a mean error of 4.04 m).
The same way, for Trajectory 2, CSE gets a mean error of 3.57 m using the eight-position configuration,
while the mean error is 5.35 using the 30-position training dataset and the SVM classifier.

Table 4. Training resolution experimentation.

Mean Error

All Pos. Config.1 Config.2 Config.3 Config. 4

CSE 1.52m 1.71m 3.38 m 3.39m 4.02m

. RF [53] 4.04m 431m 8.79m 6.56 m 6.10 m
Trajectory 1

SVM 4.08 m 493 m 516 m 597 m 5.63 m

RADAR[14] 4.14m 420m 5.69 m 6.06 m 6.16 m

CSE 1.76 m 2.01m 2.80m 3.67m 3.57m

. RF [53] 547 m 5.67 m 9.18 m 8.43m 5.87m
Trajectory 2

SVM 535m 5.65m 6.24m 6.06 m 6.06 m

RADAR[14] 557m 590 m 6.40 m 6.45m 594 m

In general, the lower the number of positions in the training dataset the higher the mean error of
the system. This is the expected behavior; however, when using Configuration 1, the mean error is not
significantly increased compared to the mean error using the original configuration, but the site survey
effort is reduced to almost half. Using this configuration, the number of positions to the site survey is
reduced from 30 positions to 18 without significantly increasing the mean error.

To complement these results, 20 random configurations have been selected to train the system
using 5, 10, 15, 20 and 25 positions. This way, it can be proven that the proposed algorithm increases
the localization accuracy, while reducing the site survey effort independently of how well the training
positions have been chosen. A comparison of the mean error obtained when considering all of the
algorithms is shown in Figure 14a,c for Trajectories 1 and 2 respectively. In addition, the dispersion
for each group of configurations is shown using boxplots in Figure 14b,d for Trajectories 1 and 2,
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respectively. Looking at these figures, it can be seen that CSE provides the lowest error independently
of the number of positions available in the training dataset. Moreover, in both experiments, the results
obtained using CSE trained with configurations containing 15 or more positions are better than any
configuration using RE, SVM or RADAR, including those with a higher number of positions in the
training dataset.
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Figure 14. Mean error evolution changing the number of randomly-selected training positions.
(a) Trajectory 1: mean error; (b) Trajectory 1: CSE boxplot; (c) Trajectory 2: mean error; (d) Trajectory 2:
CSE boxplot.

Regarding the CSE results, the higher the number of positions in the training dataset, the more
compact the mean errors, as can be seen in the boxplot figures. This means that the selection of the
training positions is more critical when the number of positions in the training dataset is smaller.
Finally, after analyzing the configurations providing the best and worst results, it can be concluded that
the more uniformly distributed the selected positions, the lower the mean error of the proposed system.

4.3.3. Reference Surfaces Resolution

This section describes the results obtained when changing the number of coordinates to cover
the environment. Each coordinate will cover a squared area of the environment. As a consequence,
the higher the number of coordinates, the smaller the area covered by each one of them.
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Figure 15 shows the mean error evolution with the size of the coordinates. As can be seen,
the mean error decreases with the area covered by each coordinate until the coordinates are as small as
15 cm on the side. From the coordinates of the 15-cm side to the 4-cm side, the error increases. As a
consequence, 15 cm-sided coordinates have been chosen for the experimentation. These results are
consistent with the WiFi signal behavior, widely covered in the literature. The small-scale variations
cause the RSS to vary when the WiFi device moves distances in the range of the wavelength [57].
This effect makes it very difficult to estimate the correct location because small variations in the position
can lead to high RSS variations. For the 802.11 b/g networks, working at 2.4 GHz, the wavelength is
12.5 cm. This fact supports the conclusion drawn from the results: the lowest main error is achieved
with the highest resolution provided that the coordinates’ size is bigger than the wavelength.

Finally, even though the selection of the reference surfaces resolution can be a determinant for
the localization accuracy of the system (being able to reduce the mean error by more than 50%),
this selection is not critical when compared with other localization algorithms, as the CSE is able
to increase accuracy independently of the resolution used to represent the continuous localization
reference surfaces.

55
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Figure 15. Mean error evolution changing the reference surfaces’ resolution.

4.4. Statistical Validation of the Reported Results

With the aim of validating statistically the results reported in previous sections, we have set the
next null hypothesis (Hp):

e Ranking: The means of the results achieved by two or more methods under consideration (CSE, RF,
SVM and RADAR) are the same.

e  Post-hoc with control method: The mean of the results of the control method and against each
other group is equal (compared in pairs).

Given the nature of our experiments (number of groups k = 4, number of samples n = 11,
paired data, normality and homoscedasticity not satisfied), we have chosen first Friedman aligned
ranks [58,59] as the ranking test and then Holm [60] as the post-hoc test. In addition, our proposal,
CSE, is considered as the control method with a significance level («) equal to 0.05.

The null hypothesis for ranking was rejected by the Friedman aligned ranks test with a p-value
equal to 0.00012. Moreover, the null hypothesis for the post-hoc test was also rejected for the three
pairs’ comparisons:

e CSEvs. RF: Hy is rejected with the p-value equal to 0.00001.
CSE vs. SVM: Hj is rejected with the p-value equal to 0.00114.
CSE vs. RADAR: Hy is rejected with the p-value equal to 0.00061.
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Notice that the tests cited above were applied with the STAC web platform [61], and they validated
the fact that the results reported by CSE were statistically significant against those reported by the
methods considered for comparison purposes.

5. Conclusions and Future Work

This work has presented a method to increase fingerprint-based WiFi localization resolution
without increasing the site survey effort. To do so, a continuous space estimator to cover positions not
stored in the fingerprint database has been developed. This continuous space estimator uses an SVR
algorithm to estimate virtual fingerprints not available in the fingerprint database. First, a continuous
reference surface for each AP in the environment is created using the discrete fingerprints and SVR to
estimate the RSS at non-site-surveyed positions. Then, the RSSs received during the localization stage
are searched in these surfaces. This way, the position of the device can be more accurately estimated,
being able to provide localization using a continuous map representation without increasing the cost
of building the fingerprint database. It is important to highlight that it is not necessary to know where
the APs are located to deploy the localization system. This aspect is especially interesting regarding its
deployment in new unknown environments.

The proposal was tested in a real-world environment considering two different approaches.
The first one was localization at the static positions of the environment covered in the fingerprint
database, while the second one was localization of a device in motion. The aim of using two different
approaches was to show how the proposed method was able to reduce the mean error when locating
a device at unknown positions, while not increasing the error at the known ones.

In light of the results, we can conclude that our proposal successfully increases resolution without
increasing the site survey effort. The mean distance error was reduced more than 60% in comparison
to a state-of-the-art traditional fingerprint localization method when locating a device in motion.
At the same time, the mean error was not significantly increased when locating the device at static
known positions.

Moreover, the analysis of the number and distribution of the positions needed to train the system
showed that the number of site-surveyed positions can be reduced to almost half without significantly
increasing the mean distance error if the positions chosen to train the system are uniformly distributed
over the environment. However, a very interesting research line for the future could include a method
to select the optimal distribution and number of positions to site survey. This method could help to
reduce even more the site survey effort obtaining minimal mean localization errors.

In the future, the proposed continuous space estimator will be also improved by using the
hierarchical localization approach developed by the authors in [62]. In addition, a procedure for
selecting some of the APs will be tested. This way, the effort needed to estimate the continuous
reference surfaces and to search for the RSS during the localization stage could be reduced.

We are also planning on including the information provided by other sensors, such as Li-Fi,
accelerometers or compass, to improve the proposed localization system during localization of a device
in motion. The use of Li-Fi technology is likely to improve the performance of our system in the
near future, but further experimental analysis is required. In addition, by knowing the direction of
movement or even if the device is moving or standing at a position, the trajectory of the device could
be filtered to avoid location estimations too far away from the previous ones.

Finally, the proposed method has been proven useful to reduce the site survey effort, but has
not eliminated it. As a consequence, an interesting research area could be focused on designing an
automated fingerprint database generation process and a maintenance system to keep the database up
to date using the information collected during the localization stage.



Sensors 2017, 17, 147 20 of 23

Acknowledgments: This work has been funded by TIN2014-56633-C3-3-R (ABS4SOWproject) from the
Ministerio de Economia y Competitividad and the University of Alcald Postdoctoral Research program
(30400M000.541A.640.17).

Author Contributions: Noelia Herndndez designed and performed the experiments and wrote the paper.
Manuel Ocafia, José M. Alonso and Euntai Kim assisted with conceiving of the idea and proofreading the paper.

Conflicts of Interest: The authors declare no conflict of interest.

References

1.

10.

11.

12.

13.

14.

15.

16.

17.

TNS, Kantar Group. Mobile Life Study. Available online: http://www.tnsglobal.com/press-release/
two-thirds-world’s-mobile-users-signal-they-want-be-found (accessed on 12 January 2017).

Cheng, H.; Arefin, M.S.; Chen, Z.; Morimoto, Y. Place Recommendation Based on Users Check-in History for
Location-Based Services. Int. J. Netw. Comput. 2013, 3, 228-243.

Pourhomayoun, M.; Jin, Z.; Fowler, M. Spatial sparsity based indoor localization in wireless sensor network
for assistive healthcare. Conf. Proc. IEEE Eng. Med. Biol. Soc. 2012, 2012, 3696-3699.

Ekahau. Wi-Fi Tracking Systems, RTLS and WLAN Site Survey. Available online: http://www.ekahau.com
(accessed on 12 January 2017).

Hammadi, O.A.; Hebsi, A.A.; Zemerly, M.].; Ng, ] W.P. Indoor Localization and Guidance Using Portable
Smartphones. In Proceedings of the IEEE/WIC/ACM International Conferences on Web Intelligence and
Intelligent Agent Technology, Macau, China, 4-7 December 2012; Volume 3, pp. 337-341.

Jeon, B.; Kim, RY.C. A System for detecting the Stray of Objects within User-defined Region using
Location-Based Services. Int. ]. Softw. Eng. Its Appl. 2013, 7, 355-362.

eCall. Available online: http://ec.europa.eu/digital-agenda/ecall-time-saved-lives-saved (accessed on
12 January 2017).

Zhao, Z.; Zhang, X. An RFID-Based Localization Algorithm for Shelves and Pallets in Warehouse.
In Proceedings of the International Conference on Transportation Engineering, Chengdu, China,
23-25 July 2011; pp. 2157-2162.

Enge, P,; Misra, P. Special Issue on GPS: The Global Positioning System. Proc. IEEE 1999, 87, 3-15.

Want, R.; Hopper, A ; Falcdo, V.; Gibbons, J. The Active Badge Location System. ACM Trans. Inf. Syst. 1992,
10,91-102.

Priyantha, N.B.; Chakraborty, A.; Balakrishnan, H. The Cricket Location-support System. In Proceedings
of the Annual International Conference on Mobile Computing and Networking, Boston, MA, USA,
6-11 August 2000; pp. 32—43.

Barber, R.; Mata, M.; Boada, M.].L.; Armingol, ].M.; Salichs, M.A. A perception system based on laser
information for mobile robot topologic navigation. In Proceedings of the IEEE 2002 28th Annual Conference
of the IEEE Industrial Electronics Society, Sevilla, Spain, 5-8 November 2002;Volume 4, pp. 2779-2784.
Krumm, J.; Harris, S.; Meyers, B.; Brumitt, B.; Hale, M.; Shafer, S. Multi-Camera Multi-Person Tracking
for EasyLiving. In Proceedings of the Third IEEE International Workshop on Visual Surveillance, Dublin,
Ireland, 1 July 2000; pp. 3-10.

Bahl, P; Padmanabhan, VN. RADAR: An In-Building RF-Based User Location and Tracking System.
In Proceedings of the Annual Joint Conference of the IEEE Computer and Communications Societies,
Tel Aviv, Israel, 26-30 March 2000; pp. 775-784.

Garcia-Valverde, T.; Garcia-Sola, A.; Hagras, H.; Dooley, J.; Callaghan, V.; Botia, ].A. A Fuzzy Logic-Based
System for Indoor Localization Using WiFi in Ambient Intelligent Environments. IEEE Trans. Fuzzy Syst.
2013, 21, 702-718.

Torres-Sospedra, J.; Mendoza-Silva, G.M.; Montoliu, R.; Belmonte, O.; Benitez, F; Huerta, ]. Ensembles of
indoor positioning systems based on fingerprinting: Simplifying parameter selection and obtaining robust
systems. In Proceedings of the 2016 International Conference on Indoor Positioning and Indoor Navigation,
Alcald de Henares, Madrid, Spain, 4-7 October 2016; pp. 1-8.

Varshavsky, A.; de Lara, E.; Hightower, ]J.; LaMarca, A.; Otsason, V. GSM indoor localization.
Pervasive Mob. Comput. 2007, 3, 698-720.



Sensors 2017, 17, 147 21 of 23

18.

19.
20.

21.

22.

23.

24.

25.

26.

27.

28.

29.

30.

31.

32.

33.

34.

35.

36.

37.

38.

Huang, Q.; Zhang, Y.; Ge, Z.; Lu, C. Refining Wi-Fi based indoor localization with Li-Fi assisted model
calibration is smart buildings. In Proceedings of the 2016 International Conference on Computing in Civil
and Building Engineering, Osaka, Japan, 6-8 July 2016; pp. 1-8.

Mautz, R. Indoor Positioning Technologies; Habilitation Thesis; ETH Zurich: Ziirich, Switzerland, 2012.
Gonzalez, ].; Blanco, J.; Galindo, C.; de Galisteo, A.O.; Ferndndez-Madrigal, J.; Moreno, F.; Martinez, J.
Mobile robot localization based on Ultra-Wide-Band ranging: A particle filter approach. Robot. Auton. Syst.
2009, 57, 496-507.

Wagner, S.; Handte, M.; Zuniga, M.; Marrén, P.J. Enhancing the performance of indoor localization using
multiple steady tags. Pervasive Mob. Comput. 2013, 9, 392-405.

Seco, F,; Jiménez, A.R.; Zheng, X. RFID-based centralized cooperative localization in indoor environments.
In Proceedings of the 2016 International Conference on Indoor Positioning and Indoor Navigation,
Alcala de Henares, Madrid, Spain, 4-7 October 2016; pp. 1-7.

Choi, T.; Chon, Y.; Kim, Y.; Kim, D.; Cha, H. Enhancing WiFi-fingerprinting accuracy using RSS calibration
in dual-band environments. Pervasive Mob. Comput. 2015, 392—-405.

Hernéndez, N.; Alonso, ].M.; Ocafia, M.; Kim, E. WiFi-based indoor localization using a continuous space
estimator from topological information. In Proceedings of the International Conference on Indoor Positioning
and Indoor Navigation, Banff, AB, Canada, 13-16 October 2015; pp. 1-4.

Indoor Google Maps. Available online: http:/ /maps.google.com/help/maps/indoormaps/ (accessed on 12
January 2017).

Liu, H.; Darabi, H.; Banerjee, P.; Liu, J. Survey of Wireless Indoor Positioning Techniques and Systems.
IEEE Trans. Syst. Man Cybern. Part C Appl. Rev. 2007, 37, 1067-1080.

Kotanen, A.; Hannikdinen, M.; Leppékoski, H.; Hamaildinen, T.D. Experiments on Local Positioning
with Bluetooth. In Proceedings of the International Conference on Information Technology: Coding and
Computing, Las Vegas, NV, USA, 28-30 April 2003; pp. 297-303.

Bose, A.; Foh, CH. A practical path loss model for indoor WiFi positioning enhancement.
In Proceedings of the International Conference on Information, Communications Signal Processing,
Singapore, 10-13 December 2007; pp. 1-5.

Mazuelas, S.; Bahillo, A.; Lorenzo, R M.; Fernandez, P.; Lago, F.A.; Garcia, E.; Blas, J.; Abril, E.J. Robust
Indoor Positioning Provided by Real-Time RSSI Values in Unmodified WLAN Networks. IEEE J. Sel. Top.
Signal Process. 2009, 3, 821-831.

Yang, J.; Chen, Y. Indoor localization using improved RSS-based lateration methods. In Proceedings of
the IEEE conference on Global Telecommunications, Honolulu, HI, USA, 30 November—4 December 2009;
pp- 4506-4511.

Herranz, F. Simultaneous Localization and Mapping Using Range Only Sensors. Ph.D. Thesis, University of
Alcald, Alcala de Henares, Madrid, Spain, 2013.

Yang, J.; Lee, H.; Moessner, K. Multilateration localization based on Singular Value Decomposition for 3D
indoor positioning. In Proceedings of the 2016 International Conference on Indoor Positioning and Indoor
Navigation, Alcald de Henares, Madrid, Spain, 4-7 October 2016; pp. 1-8.

Li, W.; Wei, D.; Yuan, H.; Ouyang, G. A novel method of WiFi fingerprint positioning using spatial
multi-points matching. In Proceedings of the 2016 International Conference on Indoor Positioning and
Indoor Navigation, Alcald de Henares, Madrid, Spain, 4-7 October 2016; pp. 1-8.

Youssef, M.; Agrawala, A. The Horus location determination system. Wirel. Netw. 2008, 14, 357-374.

Fang, S.H.; Lin, TN. A dynamic system approach for radio location fingerprinting in wireless local area
networks. IEEE Trans. Commun. 2010, 58, 1020-1025.

Biswas, J.; Veloso, M. WiFi localization and navigation for autonomous indoor mobile robots. In Proceedings
of the IEEE International Conference on Robotics and Automation, Anchorage, AK, USA, 3-7 May 2010;
pp. 4379-4384.

Schauer, L.; Marcus, P.; Linnhoff-Popien, C. Towards feasible Wi-Fi based indoor tracking systems using
probabilistic methods. In Proceedings of the 2016 International Conference on Indoor Positioning and Indoor
Navigation, Alcald de Henares, Madrid, Spain, 4-7 October 2016; pp. 1-8.

Wu, C.; Yang, Z.; Liu, Y.; Xi, W. WILL: Wireless indoor localization without site survey. IEEE Trans. Parallel
Distrib. Syst. 2013, 24, 839-848.



Sensors 2017, 17, 147 22 of 23

39.

40.

41.

42.

43.

44.

45.

46.

47.

48.

49.

50.

51.

52.
53.

54.

55.

56.

57.

58.

59.

60.

Wang, H.; Sen, S.; Elgohary, A ; Farid, M.; Youssef, M.; Choudhury, R.R. No Need to War-drive: Unsupervised
Indoor Localization. In Proceedings of the International Conference on Mobile Systems, Applications,
and Services, Lake District, UK, 25-29 June 2012; pp. 197-210.

Rai, A.; Chintalapudi, K.K.; Padmanabhan, V.N.; Sen, R. Zee: Zero-effort Crowdsourcing for Indoor
Localization. In Proceedings of the Annual International Conference on Mobile Computing and Networking,
Istanbul, Turkey, 22-26 August 2012; pp. 293-304.

Yang, Z.; Wu, C,; Liu, Y. Locating in Fingerprint Space: Wireless Indoor Localization with Little Human
Intervention. In Proceedings of the Annual International Conference on Mobile Computing and Networking,
Istanbul, Turkey, 22-26 August 2012; pp. 269-280.

Schiissel, M.; Pregizer, F. Coverage Gaps in Fingerprinting Based Indoor Positioning: The Use of Hybrid
Gaussian Processes. In Proceedings of the 2015 International Conference on Indoor Positioning and Indoor
Navigation, Banff, AB, Canada, 13-16 October 2015; pp. 1-9.

Richter, P.; Pefia-Torres, A.; Toledano-Ayala, M. A Rigorous Evaluation of Gaussian Process Models for
WLAN Fingerprinting. In Proceedings of the 2015 International Conference on Indoor Positioning and
Indoor Navigation, Banff, AB, Canada, 13-16 October 2015; pp. 1-10.

Chintalapudi, K.; Padmanabha Iyer, A.; Padmanabhan, V.N. Indoor Localization without the Pain.
In Proceedings of the Annual International Conference on Mobile Computing and Networking, Chicago, IL,
USA, 20-24 September 2010; pp. 173-184.

Caso, G.; Nardis, L.D. On the Applicability of Multi-wall Multi-floor Propagation Models to WiFi
Fingerprinting Indoor Positioning. In Future Access Enablers for Ubiquitous and Intelligent Infrastructures;
Lecture Notes of the Institute for Computer Sciences, Social-Informatics and Telecommunications
Engineering; Springer: Berlin/Heidelberg, Germany, 2015; Volume 159, pp. 166-172.

Drucker, H.; Burges, C.J.C.; Kaufman, L.; Smola, A.; Vapnik, V. Support Vector Regression Machines.
Adv. Neural Inf. Process. Syst. 1997, 9, 155-161.

Karush, W. Minima of Functions of Several Variables with Inequalities as Side Constraints. Master’s Thesis,
University of Chicago, Chicago, IL, USA, 1939.

Kuhn, H.; Tucker, A. Nonlinear programming. In Proceedings of the Berkeley Symposium on Mathematical
Statistics and Probabilistics, Berkeley, CA, USA, 31 July-12 August 1950; pp. 481-492.

Rappaport, T.S. Wireless Communications: Principles and Practice, 2nd ed.; Prentice Hall: Upper Saddle River,
NJ, USA, 1996.

Kibler, D.; Aha, D. Learning representative exemplars of concepts: An initial case study. In Proceedings of
the International Workshop on Machine Learning, Irvine, CA, USA, 22-25 June 1987; pp. 24-30.

Wu, B.E; Jen, C.L.; Chang, K.C. Neural fuzzy based indoor localization by Kalman filtering with propagation
channel modeling. In Proceedings of the IEEE International Conference on Systems, Man and Cybernetics,
Montreal, QC, Canada, 7-10 October 2007; pp. 812-817.

Cortes, C.; Vapnik, V. Support-Vector Networks. Mach. Learn. 1995, 20, 273-297.

Jedari, E.; Wu, Z.; Rashidzadeh, R.; Saif, M. Wi-Fi Based Indoor Location Positioning Employing Random
Forest Classifier. In Proceedings of the 2015 International Conference on Indoor Positioning and Indoor
Navigation, Banff, AB, Canada, 13-16 October 2015; pp. 1-5.

Breiman, L. Random Forests. Mach. Learn. 2001, 45, 5-32.

Hall, M.; Frank, E.; Holmes, G.; Pfahringer, B.; Reutemann, P.; Witten, LH. The WEKA Data Mining Software:
An Update. SIGKDD Explor. 2009, 11, 10-18.

Witten, I.H.; Frank, E.; Hall, M.A. Data Mining: Practical Machine Learning Tools and Techniques, 3rd ed.; Data
Management Systems Series; Morgan Kaufmann: Burlington, MA, USA, 2011.

Youssef, M.; Agrawala, A. Small-Scale Compensation for WLAN Location Determination Systems.
In Proceedings of the IEEE Wireless Communications and Networking, New Orleans, LA, USA,
16-20 March 2003; Volume 3, pp. 1974-1978.

Friedman, M. The use of ranks to avoid the assumption of normality implicit in the analysis of variance.
J. Am. Stat. Assoc. 1937, 32, 674-701.

Hodges, J.; Lehmann, E. Ranks methods for combination of independent experiments in analysis of variance.
Ann. Math. Stat. 1962, 33, 482-497.

Holm, O. A simple sequentially rejective multiple test procedure. Scand. J. Stat. 1979, 6, 65-70.



Sensors 2017, 17, 147 23 of 23

61. Rodriguez-Fdez, I.; Canosa, A.; Mucientes, M.; Bugarin, A. STAC: A web platform for the comparison
of algorithms using statistical tests. In Proceedings of the 2015 IEEE International Conference on Fuzzy
Systems (FUZZ-IEEE), Istanbul, Turkey, 2-5 August 2015; pp. 1-8.

62. Hernandez, N.; Alonso, ].M.; Ocafia, M. Hierarchical Approach to Enhancing Topology-based WiFi Indoor
Localization in Large Environments. |. Mult.-Valued Log. Soft Comput. 2016, 26, 221-241.

@ (© 2017 by the authors; licensee MDPI, Basel, Switzerland. This article is an open access
@ article distributed under the terms and conditions of the Creative Commons Attribution

(CC-BY) license (http:/ /creativecommons.org/licenses/by/4.0/).




